By combining a weak form of Koebe's |-Theorem with elementary facts about subharmonic functions, one obtains a brief proof of the following statement.
Theorem. Suppose D and D* are bounded domains in C with C2 boundary. Then any conformai map f: D -> D* is Lipschitz, i.e. there is K < oo, such that
By a C2 boundary I mean that 3F is a not necessarily connected, compact, 1-dimensional C2 submanifold of C, or, equivalently, that dD consists of finitely many disjoint closed Jordan curves whose parametrizations in terms of arclength are twice continuously differentiable.
Stronger results, with more complicated proofs, have been known for a long time; for a more recent proof, one may consult Warschawski [4] , where one can also find references to the older literature. I thank Professor H. Grunsky for pointing out this reference to me.
Proof. 
Choose a C2 function <p in a neighborhood of D, such that <p < 0 on D, <p = OondD and grad <í> # 0 on dD. Locally, the existence of <£ is an immediate consequence of the definition of a C2 submanifold, and the global existence follows by a partition of unity argument. Replacing <f> by exp(A(j>) -1 with sufficiently large A > 0, one can also assume that d2<b/dzdz > 0 near 3D. Moreover, there is k < oo such that
As suggested by Henkin [2] , one now uses the following lemma.
Lemma (cf. [3] ). Suppose DEC has C2 boundary. 
